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This proves that

00 ,2. M a 2 (I an I +IMX »■
n—i.
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Therefore, 
2V •

■ r . :
v-l

»=2 + i

oo 2
= s s
v=v0 v-i

n—2 +1
n

^5- ^3 S^^=Vo(v-2)logI + e (v-a) 

since \ &n\^, as also j b^, does'not exceed P P, it follows that

■ / ' |=j(*,is+ij.O <-■'
This completes the proof of the theorem. ..... ' -
4. PROOF OF THEOREM 2. We shall .prove this-theorem also for k = 2.
From (10) we have ;

- S P„* <‘.®
V-I x2 '

M = 2 -{-I - -

hence by (7) we get , - -
v

< <*>;

S p*. <
V-1

tt = 2 +

-v vac, 2 2

- v (I + a ) .
<i c« 2

‘[<,-2>IogI+V» J
By Schwarz’s inequality ' - •

I < —
V-I -

»=2 + I
Therefore, v 

- . , 2

C- 2
- va/2

{V72) log 1 +S(v-2)

- s . «
V-I'

n=2 +1

a/2p«. < (v-2)logI + e(v - 2 j;

_ and hence

S; . ’ P.
v-i v = v0

2'
s

*a/2 p

n== 2 +1

UJ5

v-i 
=2 + 1

<C;7 - ■ , . . I + S ,
V = V„ ( V - 2 ) log T ( V - 2

< OO.-
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Hence • ■ ' c~? i!V

Putting N = 2V, where v is an integer > v0 > ( leg, 2-)""2 + 3 and taking 
into account only the terms with indices n exceeding \ N, we ■ have from the 
last inequality

(10) s ^ V<2W (1;) V2_v-

»== 2 +-I- . ' ‘ ' ’ ’ , • ’ -1 ' - ■ • >

Hence by (4) i ’
2V2-Vc(2-V^).a

As,shown in [ 6], ~ . .
^(#)>(V"2)10S2 ■

• and' . >J log ( v-2)
'V 2V / > - , ,

hence,

v {1 + a )3V
* ~P/
v-i

n—2 +1

c9 2
[<v-2)V + s(»-2)]“+2

Applying Holder’s inequality we-get
\P/2,/2V

2
S
v-iM=2 + I

p $ l 2
n </S

v-i 
■ M=2 +1

P a
M v-x

» = 2 + 1
v ( x + d ) 3/2

1 u

I-3/2

<Cs,[ ( v-2) log1 + e( v-2 ),]<* + 2) ?/2 ^ (1 3-2)

- —. forp = -4-
(V-2) log lrfc (-V-i) .• «+2
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Therefore
2®

(S) f[f(x + h)-f(x-h)Y-dx=: 4 S’ Pn2 sin 2nh,

Where * P^a's + fc2. 
■ , n n n

2® 2®

N°w i/Ws + A.) ~/C* w( £) J !/(* + ^) -/(*-*)) dx,0 ■1 o.
■*. '■ /

where u) denotes the modulus of continuity of /(x}. Putting A -=s 

we have
2® . ■ , - -7

ir
2N ’

S. 1 . *

j [/(* + aN) /(* 2N)] dx~
> - -n

(9) 2®

<v"(■#)/ K' + s'M'ri)]**-
o'

2® ‘ 2®

and /.|/(*+.s,)-/(* + 3j)|‘i*-Jk(ar + l)-^) dx A

. , 0
2N-1 (v + i)®/N

<vl0 \f(x‘+x)-f{x)

v®/N
dx

2N - I | t ,f I
J. - V=0 I v N

Since
2N-11X=o [/(* + ^)-/(* + ^®)|<V,,L

where V is the total .variation of /(x) in (0, 2® ), we have 

2® r ‘-n?

f |/(* + S)"/(*-f)irf*< ®V
N

Therefore it follows from ( 8) and { 9} that

» . , «TC / ® \ V
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THEOREM F. If

thjpn5.('3 •) -is-true for p

chu
2a + I

2a + i' '' ' ' '

The aim of .this paper is to make a similar addition to Theorem D. More 
precisely we intend to prove the following , .

THEOREM J. Tff{%) is of bounded^ variation and satisfies the condition
,iA

<4>~. IM.+*)-/(*->!< -----------------7 + 1---- i“+V■ -■ l J i 7. \ 1. ! 2. \ r I T f t \ | a "T 2

a + 2
then (3 ) holds for p

If we put a = o and k — 1, then this theorem reduces to the more general 
form of Zygmund’s Theorem B [ Remark; ( 7) ].

2. G. II. Hardy [2] proved that, iff{x) e Lip a, o < a <11, then
CO ’ 1

t3) <’' - '■ - I

for p < a- Iff(x) is, in addition, ofibounded variation, then . ‘ '

(6) •* ■,«*
S nl 

n= 1
for p < a. A. C. Zaanen [ 6; Theorem 3 ] has proved the following addition:

/, iM ’ . ‘ - - . • cAa \-If |/(tf + h)-f(%)\ <----- -----^----------------- t , E ---- —, then (5)
- , , h (A) /2 (/*)... V (h) . ;

holds for p ='ou -Tn this connection, we shall prove the following - - , r

THEOREM 2. llf(x) is of bounded variation and satisfies the condition

ch% ’ ...
(7) .!/(# +A}-/(*)<“7------------—^--------717—==7, then (>6} holds

[h{h)h{h);.:.lkX**Wy

for p = a. '

3. PROOF OF THEOREM i. We shall prove the theorem for k=2. From 
(1) it follows that

f(X + h)-f(x-h) 2 S (6 cos nx —an sin nx) sin nh,



'ON THE'ABSOLUTE CONVERGENCE OF FOURIER SERIES
B. S. Yadav and O. P. Goyal

i. Let /(x) be L-integrable in ( o, 2%) and periodic outside with period' 2-rc 
and let

(1) f{%) /-* l aQ + S (a cos nx + 6 sin nx). ■ . • ■ •
r n rf>

n=i
S. Bernstein -[ i •] and A. Zygmund [ 7 ] proved the' following, two theorems 
respectively:
THEOREM :A. ; Jf f(x) e Lip a, a > |, then the Fourier series of/(*) converges 
absolutely, that is .

00
(2) S { \an\ + I ft I ) < «. . : - ‘ ' ■ ,f

; , - - ,n~X , , . ,
For <* == }, this is no longer true [ 9 ]. T ' ,

THEOREM B. If/( x ) is of bounded variation and belongs, to Lip a, a > o, 
then (2) holds. ' ' ‘ ‘

, .. V*

These theorems were generalized by O. Szasz [4] and Waraszkiewicz [;5 ] and 
A. Zygmund [ 8, 9 ] respectively to the following theorems :' '■
THEOREM C. If /(x) e Lip. a, 0 < a 1,. then '

(3) S ( I + l&J.*3) < “v .
«=i ' -

for'8'>'-—t—-—,, but not necessarily for 8 = —•     : ' , - ' r-,-^ 2a +■ 1 J H 2a +1 1
THEOREM Z>. If /(x} is, in- addition, of bounded variation in Theorem C,

-vbut not necessarily, for 8then (3) holds for-S > -,, , ______________ ___ _ , .

L. Neder [ 3 ] and A. C. Zaanen [ 6 ] have respectively made the following addii 
tions to the.Theorems A. and C : ' '
THEOREM E. If for h > o, ’ . ..........................

v 1 •*,(*) -fog^'+A-1,}........ ■ ': :■ • .V ;:

(h) = log log (/ + h~J) ' .
• etc'» ‘

and" if fdr certain £> o,

■ \f(x + A)-/(*)[<

then (2) holds also for a =

cha



ON THE ABSOLUTE CONVERGENCE OF FOURIER SERIES

O. P. Goyal

i. Let f(x) be L-integrable in (o, 27r) and periodic outside with period 27c, 
and let

a »
(1) /(*) /-> — + S {a cos v* + b sin v %).

2 v == 1 v v

G. H. Hardy [ 1] proved that, if f{% ) E Lip a, 0 < a < x, then

(2) S n^( | a | F | & | ) < <», for P < a. 

n = 1
If f{x) is, in addition, of hounded variation, then 

® p/2
(3) 2 « ( I % I + I bn | ) < for p < a.

•ti — 1

A. C. Zaanen [ 4 ] has proved the following addition :
Ch°"

If |/<*+ *)-/{*) | <----------- ---------z>o, where
ll(h)l2(h)..lk(h)

h( * ) = log ^ e 4- k{h} = log log^ /+ ^............................

then (2) holds for p = a.
Recently, B. S. Yadav and 0. P. Goyal [ 3 ] have proved the following 

addition:
If f\ x) is of bounded variation and satisfies the condition

Cha
\f(x+h)-f(x) I <

0 i + sy5 > 0, then (3) holds
Mh) l%{h)..lk(h),

for p = a.
In this connection, we shall prove the following theorems : 

00

Let /(x ) rJ — + 2 0 cos y x,
2 y 5= I V

and a denote the modulus of continuity of the function f( x).
Received October, 1963. 
Revised December, 1963.
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Theorem 1
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If ( i ) /(*) s Lip a, o < OL •£ I

(ii) a 3* n 3s I,
and {iii) ' <o G) is increasing slowly,'then

co ox
S ~ 2 ( U I ), < co, for p < a + i-

«=i
We have the analoguous theorem for sine series also. 
Theorem 2

If { i ) /(*) 8 Lip a, o < a < I ■

( » ) K >' -G) ,n ^ I,

and (iii) w G) is-increasing slowly, then
S ~ * ( | 6--1 ) < co, for p < a + |.

We state here the two lemmas which we, shall need in the proof of our 
theorems.
Lemma 1:

If f(x) e Lip a, o < a «£ i, and to( B) be its modulus of continuity, then
”a)„(^)1°g'-

, I <
Lemma 2 (Tomic [ a ]):

Under the hypothesis of the theorem I,
if m = [~],Xv (-f)Io^v' v > i,‘ XQ,> o;

B..
2w m,

m / xv \
S ---- — j, p being sufficiently large but fixed and

' v = p
< m, then

(4) = 0^0) ^ log w^ and also

(5) +hL\
2%\ m m /

Lemma 2 follows from lemma 1 [ 2 ].

a + - 1 < B -B + -.m.-..-
m m / m m -1 m-1
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Proof of Theorem 1:
Taking into account that Xy ( v ) is a sequence increasing slowly, we 

shall have in vritue of (5)

*v 1
| a | -•—a + — 

v v v v
B

<2*1 B -B
v v-I v-ij

Therefore,

P-i '-t]<" [•'■*»,

<2lc["v^~^B +vP'4
L v v-i

B- JBV -X

V-I

V-I J

Hence,

S w 
v — p-\-1

tn a x £ *» o 1S VP~^— S vP"*B.
v=j5>+i

«* fi-1- 231 S (v-I)P*B +2jc S ,V

V =5 p -j- I V—^ + 1

v=^+i

B-i BP 4 V •*“V-I

V-I

(
m<271 f mP~* B + S

„p-iB

w

S V1-
V = /> + I

v =^+r

■i

^r)
wt

«(i | < 2* mp 2 BW( + 2re X
v = p + 1

P - 2 Bv-i 

v-i

m
+ 2 v

v ~P + 1

P-l Xv

Lt
m-> 00

P — 4 , I 11 L# P — 4 i3
£ 1 ( | « I ) < aw m-^.aD m B

v =p + 1 w

. Li „ y+^002TC /,T 
v z* P rl

,.p-

00 P-1vr
v=p +1

B -I 
v
V-I

00 

£
y=P + I

Lt
m-^oo

m

E vP_l (|aJ'Xm £ VP“*-^+ £ vP-i_v_.

£ v 
v=i> i-i

B _ 00
__v
V — I ys=^>-|-I

p-iXv

Li ,
Since ___mm->o0

P‘i B < Jr*-, A»P “ * u/J~\log« l> virtue of (4)3
m n-> co \ n /
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— u
n-*- oo

<e JJ A
oo

log fl
*“ + H* O,

Therefore, in virtue of {4), we have,

00
£ v 

y=p+i

R 1P 2 (U |) < 2tu a £ ( V + I]
V = p

CO ,+ 2 v{
V=/ + I

■1®

for p < a + 1-

(v)106"
V

(V)log *
.1 to 2

< C'
y = p + I

P-i^Cv) logv
V

p - -J log v r . / 1 \ 1 -i—5— I since 00 ( — 1 < B — ,v\a L \ v/ a J'

00
s£ C £ y

v=£ + i

< C'

v
log V

“ . I + a + i - P"y = p + X v 
< <», for a + | - P > o.

Therefore,

P-*£ v 
v — 1

Proof of Theorem 2

( i «v I ) < ” , for p < a + |.

By taking T^'= J+• • £ A
if r=s T >

v \
——- i cos y* and X , — 10 
+ 1/ v G> we

can prove the Theorem 2 just as the Theorem 1 is proved.
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(8) f(x,y) = A(x,y)-A(y,x), if C = (-1)H;

(9) f(x,y)^A{x,y)+A{y‘x), if C=(- 1)B+1;

where B„(/), B1(t) and A(x,y) are arbitrary continuous functions.
(7) is the general continuous solution.
(8) and (9) are particular solutions.
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ON THE ABSOLUTE CONVERGENCE OF A SERIES ASSOCIATED 
WITH A FOURIER SERIES

O. P. Goyal

(Presented 26 February 1965)

Let f(x) be L-integrable in (0,2 k) and periodic out side with period 2 it, 
and let its.Fourier series is

(1.1) /(*)~T ancosnx= y
, n=l n~i

We shall be concerned in this note with the series 

oo g _S(1.2) y —----- , where Sn is the nth partial sum of (LI)) i.e.
#-1. n

(1.3) S„ = y Ak and S is an appropriate number independent of n.

<p(0 = {/(*+0+/(*-0}/2

®i(0=—/<*(«)<&•
t o

Hardy and Littlewood [1] have considered the [c, 1] summability of the series 
(1.2) and Zygmund [3] has obtained the necessary and sufficient condition for its 
convergence. Recently R. Mohanty and S. Mohopatra [2] proved the following 
theorem:

KTheorem A. If (I) (r) log —, is of bounded variation m (0,2tt),

k—l
We shall take 5=0. 

We write

(1.4)

and
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(II) 0,(1) is integrable m (0,2 tz),

(III) (nsAn) is of bounded variation for 8 > 0, 

then (1.2) is absolutely convergent.
We intend to prove the following theorem:

Theorem 1. If (I) j 
o

0(t) log — dt <_ oo , 
tsin ‘12

and (II) a„ = 0 («-“), a > 8 > 0,

S,then y — is absolutely convergent. 
«=i n

Proof. We have

1_ C0 (t) sin (n +1/2) tdt
n 2nizJ sin ‘/2

o
7„*

1 C0(t)sm(n + \j2)tdt 1 f 0(t)sin(n +112) tdt
2 n it J sin '/2 

o

* 2*2
n= 1

00 1
= 2

n «*=I n

2 nizj

7»«

71sin (n + 1/2) t 
sin '/2

sin ‘j2

0(t)dt

8> 0.

Now

<2 -
n-1 n

I+J.

7k8-
/ +H!/

0 7*5

7,8
i sSa

» 1 f
2- 
n=l n J

<P(0
sin '/2

< 2"2
n—l H k^=nS

0(t)

7ft+i
sin '/j

dt

7ft

<At f
7*+j

*(0
sin'/2

ft1/s i2^*
n—1 n
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"/*

1

<5(0
sin '/a

log k dt

nh+1

”lk
w , 2 IT< ^ 2 / l0s-r

&=I J * 
nlk+1

<5(0
sin 72

dt, (since
\ 1

2 tcN
f<2w/fc, logfc«£log — J.

< /4 I log 27t 0(0
sin 72

ift

< OO .

Since 4> (t) ~ ]> % cos fc x cos * t, we have the Parseval formula

i f 0 (0 sm(” + O1 2)tdt _ V a cosfcx f sip(” + 1/2)fcos^l.—

" J smr/2 fit fc J sint/2
”/nB %,*

«. , r s'm(k + n+ l/2)f-sin(fc-n-l/2)f ^
V fl4 cos & jc | ——-—-—--------------------
*=.1 2 sin i/2

*/„*

1 1
Applying the second mean value theorem to the factor — cosec — t we see

that the coefficient of ak cos kx, k^n, does not exceed - 

solute value, and so

2 &... . , ns „ / 1

2 ns

Tt2 , 1 k—n-----
2

in ab-

^K32'I^Hcos^i
w*-1 k-n-

-j- 0 {■—■ j (where ' denotes that the

term fc = n. is omitted)

n° . / 1
f 0y'k-«-

it i \k — n — y2l

«—1 CO / 1T + o(—Cl *.,17+1 V rt

= P,+jR2+J?3.
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Similarly

Therefore

for a > §.

k~a +ri 1 ' 
— n2

= O (n8-a) + O (nS cL log «).

n-i
2

n-k-ljl
i

1Z 1
— R2<nsy —-if *=«+i k—n—ljl

+ «6
k—2 n~\-1___

2
= O (ns~a log n) + 0 («8_“).

'-I
nZiU

<Af !SiJL + A' f-J- + A"f
,^i n1+“-8 ^1n1+x~s< ", n1+a

< oo ,
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ON THE ABSOLUTE CONVERGENCE OF FOURIER SERIES
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1. Let f{x) be L-integrable in ,(0,2 it) and periodic out side with period 2 
and let
0) /(*) ~ ~ + 2 (avcos 2^ + £>„ sin 2h-).

2 y=!j
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G. H. Hardy [2] proved that if /(x) G lip a., 0 < a < 1, then-

(2) 2 ne-l/2 (| a„ | + | bn |) < oo. for ^ < a.

If /(*) -is, in addition of bounded variation, then 

(3) 2nm (I«»! + !«»l)<°o> for $<«■■

If

A. C. Zaanen [5] has proved the following addition:

C/i“\f(x+h)-f(x)\<- s> 0,
hmm- ■ -ki+e(h)

where I{ (h) = log (e + h1), 12 (h) = log log (ee , then (2) holds for [J -■= »
B. S. Yadav and O, P. Goyal [4] have proved the following:
If /(x) is of bounded variation and satisfies the condition

C h*
j fix + h) - f(x) I < —--------- --------------- ,

ihmhm---ki+nh)?

hen (3) holds for p = «.
Recently the author [1] has proved the following:

Let an . a./(*)~ —- + 2 av c°s v x 
2

and to denotes the modulus of continuity of the function /(*), 

Theorem A. If (I) f(x)elip a, 0 < a <1 s,

l

(II) a„ >
- o) [" j log it

n > 1,

and (III) w (—j is increasing slowly,

then ]T nS-i/2 (|an |) < oo , for j3 < a + 1/2.
M= 1

Theorem B. If (I) /(x) e lip a, 0 < a < 1,

(II) k>------1, »> 1/2,

and (III) to j is increasing slowly, 

then Y «B_I/2(| «„ |) < 00 , for (3 < a + — .
n=l 2
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The aim of this paper is to generalize the theorems A and B in view of Tomic’s 
[3] paper. More precisely we intend to prove the following:

Theorem /. Let f(x) be periodic and continious in (0,2-) and has (1) as 
its Fourier series. If (/) / (x) G lip a, 0 < a < 1

and (//) a„ and bn are postitive, 

then ^ «Y (| an | +1 b„ j) < oo, for y < a.
K=1

From Theorem 1 follows:
Theorem 2. Let g (x) be a periodic and continious function in (0,2-) and let

Q * oo
g(*) ~ ^ (a/cosvjc+ft/sinvx)

and denotes the moduls of continuity of the function g (x).

If f(x) satisfies the conditions of the Theorem I and

<o, (8) < 6i (8), a2 > —ay, bv' > — by,-

then • v,i , *]> ri* (|a,, | + j b„ |) < oo , for y < a.
i

We state here a lemma which will be needed in the proof of our theorem. 
Lemma (Tomic [3]). Under the 2nd hypothesis of the Theorem 1, 

nif m- and Bm=— V va,„ then 
u m v„i

(4)

(5)

■ <Mco [—2—,y 1 and 
In \2n

bm<-(Bm-Bm. 1+*hzl 
tc V m — I

Proof of the Theorem 1. We have in virtue of (5),

4 / ‘5'>'<b., <—(vvj82-vYifv_i + vY-2rL 
TC \ V— 1

B., - (v — l)r.Bv_i +'vr ?^LL\ > since B.t „ i > 0:
TC \ V— 1 /

Therefore,
m Am A m A m B.. r2^ < (v-.l)ra,_I+ 2

Vcwl rc v~i TC v=l ^ v=l * *

4 4 « ft, .
<— m

TC ITytl V“I

Hence in virtue of (4) we have
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«/—,/
v-1 \W / v=l V

4" 1
< -------- j- A"' ^ —------- , since to (—) <

m* v“l V 1+a-Y
“)< —
V/ V®

lim " lim A" lim ™ 1
> VY < ---------M > -----------

m —>■ oo v*ri m—><x> ma-Y m -> oo v"rj vI+<1-'1'

Therefore,
1 (since —— — 0, for y<a

v±'1v1+a_Y \

< oo , for y < a.
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LACUNARY FOURIER SERIES

O. P. Goya/ 

Presented March 5, 1965

■ 1. Masako Sato [I] has proved the following:

Theorem A. Let —<a<a<l, 
2

0<p<(2-a)/3

and

If

and

(0
ffi

P/2<a-a<(2-«-P)/4.

^l/C2a—2o_3)<M^<e2*/C2+<x+3)5 

\nki,i~nk\>Aeknk$,

fit)-f(t±h) fdt = 0 (h^) as Ai-0,

then

(») \f(t)~f(t±h)\2dt = 0(l) unif. in t >h®,

2(la«ftl + l*-*l)<00*

where a„k and b„k are the non-vanishing Fourier coefficients of /(<)."k
1Theorem B. Let —<a<a<I, 
2

T>-
1

2 a —2a —P

0<p<(l-«)/2, 

and (3/2<a —«<(1+fi)/4.

If nk = [k?] {k = 1,2, 3,...), and the conditions (?) and {it) of Theorem A 
are satisfied, then 2 (1 I +1 j) < o°.
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(1)

In this note we generalize the Theorems A and B and prove the following: 
Theorem 1. Let.1. Under the hypothesis of the Theorem A,

22 (Iank!p +1Kk|p)< for p>
2a + 1

. Theorem T. Let...0<r/<r4. Under the hypothesis of the Theorem B, 
2(1) holds for p>——.

2a+ 1
Theorem 2. Under the hypothesis of the Theorem 1,

(2) ^ «/"1/2( I a«k I +1 bnk!)< 00 > for P<«~

Theorem 2'. Under the hypothesis of the Theorem 1', (2) holds, 
for p<<x.

2. Proof of the Theorem 1. In the proof we shall use the 
following lemma:

Lemma [1]: Under the hypothesis of the Theorem 1,

(3) ' 2 Pn = 0 (»AT2a) where p„2 = a„2 + b„2.

Putting nk — 2prt, from (3) we have,

2V A
(4) 2

2V-1

. Applying Holder's inequality, we get 
2V / 2V

22v«

2V / V \pl2 / 2V \ 1 -*' C?,1)
2v-l

-Pl2

2^«p

A’

Therefore,
'2 v(ajj+f>/2-l)

X>-’~X !>■"X v—1 2V*“^-

oo 1
V .... -^ 2v(-ap+pl2~v

< oo, for p>
2a+ 1

Since \a„k\pand \b„k\p, does not exceed q„p, we have

2 (1 a«k |p+! hk jp)< <*>> for_p>
2a+ 1
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Proof of the Theorem 2. From (4) we have, by applying 
Schwarz's inequality,

2™

Therefore,

A.
2v(«-l/2) '

i n/-m2v-l

A' (2-')p-I/2
2v(a-l/2)

Hence

<A' 1
2v{a-r)

2V

v— i ov—i

y —
9 v;

i
v=i 2v(a“p)

oo, for p<a.

Therefore y nkp~ 1/2( |ank j -I-1 bnk |)< oo, for p<a. 
i

Theorem 2' can be proved as similar to Theorem 2.
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INTEGRATION OF' DIFFERENTIAL EQUATIONS OF GEODESICS 
ADMITTING CONFORMAL EXTENDED INFINITESIMAL 

TRANSFORMATIONS

Blazo Okiljevic

The differential equation of geodesics in the Gaussian form is 

(i) ' y"=y'«>x-y'2,ay
The aim of this paper is to show the form which the function to has to 
assume in order that equation (1) admits conformal extended infinitesimal 
transformation and furthermore, to point out the method by which equation 
(1) can in this case be integrated.

Equation (1) is equivalent to a system of two differential equations of 
the form

dx dy dy’
^ 1 y’

Let the function co (x, y) be determined in such a way that the system (2) 
admits a conformal extended infinitesimal transformation
(3) V{f) = axfx + b,fr + (b-a)y'f,>.
To system (2) there corresponds a linear partial equation
(4) ' Y(f)^fx + y'f, + i/<*x-yf2<*,)f?=0-

In order that equation (4) admits an infinitesimal transformation (3), it is 
necessary that certain conditions [1] should be fulfilled, which are in this case

(5) Y(by)-/Y(ax)-W) '
Y[(/> - a) y'] -y' (/ w* -/2 <oy) Y(ax) = V (y'wx—y'2,

where the operators V und Y have the meaning given by the relations (3) 
and (4). In expanded form the conditions (5) become

(b-a)y< = (b-a)y'
and
(b-a) (/<*x-y'2<*y) - O' <*x-y'2<»y) = ax [/ -y’2oixy] + by O' m^-y'2^ x 

xk-2/w,)/.

The first condition is obviously identically satisfied, while the second 
takes the form
(6) aax- by’ + axaxi - (axy' - by) oxy - byy' = 0.

Communicated at the IVth Congress of mathematicians, physicists and astronomers of 
Yugoslavia in Sarajevo, the 6 th Oct. 1965.


