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a 44 a

.,-1/2 t^f(t) dbu<tt:s) - J* jJ./^ f(5I-o) dh^t^x)

J £(x*0) dfe^Ct ,x)
X

=» X *1/S J f(t) -as"^ £<2c*0) l dhn(t,n) ♦
S- J

* J ~ £(x+Q) l dhn(t#x)j

..-1/2
(3.5*3)

J ^ f(t)f(s>0) | db^Ct^x) 4-
5/«n»n5£«*G

•js+S4* Jf {t^Sf(t) fCs-iCOjdb^Ct^:) 4* o(l)

oy nossa 3*89 where o(l) io an cnpresc&oa Ponding to acre 
nniforoly e,c si~»m9 for fired 6>C*

% ucing the inequality ^

1)Vft!?4M7 4* U [ill]., ti, 301, foot note*



fb 3?(t) dG(t) 4 * \ [Ht)s x

x ose. {G(t)s a4t4bk o- 4«<b* 
t

t&@&© \^{p(t)s a4t^ b] is the total variation of P in 

[0,9b], cstid Shoorofi 3*2, if ¥(6|s) io tlic; total variation 
of tA/^ £(b) in k«-6 and :: 4t 4-»&, wo observe that
the right band side of (3*5*3) does not exceed

2 Sg V<5|*) ♦©(!>•
Since, ?{6.p0 io bounded in v and 5, and for a fixed 

5:, it is arbitrarily snail with 6, tlie ina fellows*
XSKlft. 3*10. X>ot f be a continuous function of beiindad 

variation in [afb], vanishing at a end b* ffhen 
C.i(:.9f) - f(x) bn(b,x)

tends to sere tmiforsftff, as s -»®, for a 4 s 4 b*
PFXiOI’* Since £ ic continuous in [cub*], it io also 

nnifox-oly continuous tlioro# fiencG0 £(::+G) « f(u-G) « £(::)* 

for a4 u ^ b* 2?ho expression of X/Oddd 3*9* now* reduces to
3nfe9£) - f(x) hn(b9x),

tiio absolute valuo of welch does not one sod
2 id, ¥(o|:-) + o(l)»4»

as fees already boon proved* Since s by the continuity of 
s^^tCx) in £a,fo], 1/(35:*:) converses to aero uniforoly as

3 -»0, the conclusion of the Xomnst is proved*



t&Qm

liH-lM. 3*11* l/or a 15, 
(3*5*4) iio J v-vo ,nr;XlD I dt = 1/2,2i -*>m Ja

and fox? a+e4S^b»c. ¥h<3®0 e>0, t«s have tmlffogolg,
’fe 

“a
(3*5*5) ffelio J r^(t,x) dt « 1

IHIICOP. Lot ms Sofiao

t* - a***® a*t< 2S,
*» ot

wlicr*, by Lc:?r.a 5# 9*
Jt 4t 4 b,

(5.5*6) 14a Sa<xte) * lio C^v-av^1/S ?rI/2)
&«*»(©

Also j
%(££*S) « j** V^T <ty*1/2 *. av'*1/2) r^Ct,a) at

1'horofos??: „ by (3*2.1)-
(2*5*7) lie S„(i<*@) c i «* £>y ..^1/2 h (:ZfX),

^ n -»®n-»®
% (3*5*6) and (3*5*7)9 wo obtain, 

lin !> (21,2c) » 1/itm
.

2hic proves (3*5*4). Again, lot

is(t*) «* ,fc , a 41 ^ ft}

^ 6, t^b.
Sfeon, fox* £®y e > 0, tz satisfies tbo eoaiition of



Lecoa 2*1*3 in ja+e*b~e] § ao that
(3*5*8) lin fi (ssf&) ® lie b <b*x) 9

n*»® &«^d>
uniformly* for a*e 4 *' 4b**e. Aloo® by (3*2*2),®
(3#5*9) lin CL(x9I;) « x%

a*-»®
uniformly, for a+e^x^'b^s#

from (3.5*8) and (3*5*9)® (3*5*5) is® not/*, prowl*

3.6. gaCOP.Qg m-mm 5*3. By (3*5*^)* for a <x<bf
f(2v»0) hn(x,X) ~

and by (3*5*^> and (3*5*5)®
ffe+G) j|> €>)*■

boundediy ® an n^m*
llcacoB (3*1*11) goto prowl by tea 3*9*
Again, if £ is continuous in [a5b] ® then by Xiocna 3*10*

lin G (itt£) a lin f(x) n«»oo n*»® 14
uniformly* for a 4*14 b.

3y (3*5*5)? the theorem io, nor, proved*

3*7rn X^oOff Off •zsrmiz 3*4* Uo haw®
■b&n(x*£) - £<:••:) « J ^1/2 m yl/2 J ^ x
a

x i^(t,K) at 4 £<:*) j Jb an( t ) at -1



£© in i*bc proof of 2.X* by Loucoa 3#£ &ia&

i/»Gs

(3.7.2) |%fe)| ^ %GOJ(l/stF) loe% 04:14 b*

and

(3.7.5) |va<x)| ^ K19 03(1/13*1?) loen* Q4x40»l/a,

b-l/n 4 :: 4 b.

Alaev, by l&mca 3*7* for &■$>!/& 4 n 4 fc-l/n*

(3.7.^) ^ 6co(l/n*F).

% (3.7«1) to (3«>7.4), (3*1.13) io psTovod* Biio

proves the tbooroc.


